Supposing that M is a singular M-matrix, we show that there exists a permutation matrix P such that PMPT= LU, where L is a lower triangular M-matrix and U is an upper triangular singular M-matrix. An example is given to illustrate that the above result is the best possible one.
It is well known (e.g., [l, Theorem 4.31) that an M-matrix may be written in the form LU, where L E K is lower triangular and U E K is upper triangular.
In [3] , G. Poole and T. Boullion mentioned the possibility of the LU-factorizations for singular M-matrices.
An example is given in Sec. 2 to show that not every matrix in K, can be factored as LU. However, for any matrix A in K,, we show that PAPT= LU for a suitable permutation matrix P, where L E K is lower triangular and U E K, is upper triangular.
The following result will be useful in our work. n Our main result is the following.
LINEAR ALGEBRA AND ITS

THEOREMS. Let M E K,. Then there exists a permutation matrix P such that PMPT= LU, where L E K is lower triangular and U E K, is upper triangular.
Proof.
It is sufficient to consider the case that M#O is singular and reducible. Let P be a permutation matrix such that PMPT can be partitioned into the form
where A is irreducible. If D is also irreducible, thenPMP*= LU by the Lemma. If D is reducible, then the proof is completed by using induction. n It is clear that we can obtain another factorization for matrices in K,, i.e., for any M # 0 in K,, there exists a permutation matrix P such that PMP*= LU, where L E K, is lower triangular and U E K is upper triangular. Also, we can obtain similar results for factorizations of type UL.
EXAMPLE.
The following example will show that Theorem 2 is the best possible result. Let 
